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Abstract. The automation of the entire NMR protein structure determination process requires a superior er-
ror tolerant backbone resonance assignment method. Although a variety of assignment approaches have been
developed, none works well on noisy automatically picked peaks. IPASS is proposed as a novel integer linear
programming (ILP) based assignment method. In order to reduce size of the problem, IPASS employs proba-
bilistic spin system typing based on chemical shifts and secondary structure predictions. Furthermore, IPASS
extracts connectivity information from the inter-residue information and the 15N-edited NOESY peaks which
are then used to fix reliable fragments. The experimental results demonstrate that IPASS significantly outper-
forms the previous assignment methods on the synthetic data sets. It achieves an average of 99% precision and
96% recall on the synthesized spin systems, and an average of 96% precision and 90% recall on the synthesized
peak lists. When applied on automatically picked peaks from experimentally derived data sets, it achieves an
average precision and recall of 78% and 67%, respectively. In contrast, the next best method, MARS, achieved
an average precision and recall of 50% and 40%, respectively.
Availability: IPASS is available upon request, and the web server for IPASS is under construction.
Contact:mli@uwaterloo.ca

1 Introduction

The backbone resonance assignment also known as chemical shift assignment plays a vital role in the entire NMR
protein structure determination process. Here, the goal is to assign the picked peaks from NMR spectra to their
corresponding nuclei of the target protein. Furthermore, backbone resonance assignment acts as an indispensable
prerequisite for the NOE assignment. In fact, backbone resonance assignment is the part of the entire NMR process
that has attracted the most computational attention for the last ten years [1–9].

Typically, the backbone resonance assignment is divided into three sub-problems: forming spin systems, linking
spin systems into fragments, and mapping the fragments to the target sequence. A “spin system” denotes a group
of coupled nuclei that can be observed as cross-peaks in one or more spectra. Usually spin systems contain both
inter-residue and intra-residue information. The existing methods can be classified into two groups: assignment
methods that require spin systems [3–5, 8] and assignment methods that do not require spin systems [1, 6, 7, 9].
However, the latter assignment methods always require high quality peak lists with a very small number of missing
or false peaks and little difference in the chemical shift of the same nucleus in different spectra. Therefore, for most
cases, the experiments carried out in such studies, are based on either manually picked and refined peak lists by
spectroscopists, or on synthetic peak lists formed by assigned chemical shifts in a known protein database such as
BioMagResBank (BMRB) [10].

Also, according to whether or not an assignment method needs human intervention, existing methods can
be classified as “semi-automated” assignment methods [2, 3] or “fully-automated” assignment methods [1, 4–9].
AUTOASSIGN [1] is a fully-automated multi-stage expert system. The idea of AUTOASSIGN is the best first
search, which assigns the strongest fragment matches first, and then gradually relaxes restrictions to assign weaker
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matches. MAPPER [2] and PACES [3] are semi-automated methods that are also based on the best first search
concept. Both of them employ exhaustive search strategy to map the fragments to target proteins. AUTOLINK [5]
is an attempt to mimic human logic by a fuzzy logic and relative hypothesis prioritization method. To the authors’
best knowledge, AUTOLINK is the first assignment method that extracts spin system connectivity information from
the NOESY data. [6] later proposed a weighted maximum independent set formulation for the assignment problem.
They provided a comprehensive summary of the different sources of the spectra errors in the lab experiments, and
further simulated these errors on perfect datasets, extracted from BMRB.

MARS [4], one of the widely acknowledged assignment methods, is different from its ancestors in that it
applies the consensus idea to multiple runs of assignments, where each run is carried out to optimize different
objective functions. For the local assignment, MARS uses the best first search to find the local fit of the fragments,
comprising as many as five spin systems. For global assignment, however, MARS optimizes the global pseudo-
energy function, which measures how well a spin system matches a residue in the target protein. The pseudo-energy
is based on the likelihood of observing a certain chemical shift for an amino acid type in the BMRB database.

Recently, [8] and [9] proposed two sophisticated methods to solve the resonance assignment problem on the
most up-to-date NMR spectra. ABACUS [8] takes unassigned peaks from NOESY, COSY (correlation spec-
troscopy), and TOCSY (total correlation spectroscopy), as well as database-derived likelihoods, as the input. A
multi-canonical Monte Carlo procedure, Fragment Monte Carlo (FMC), is used to perform sequence-specific
assignments. In MATCH method [9], both the global and local optimization strategies merge where 6D APSY
spectrum [11, 12] is the input.

In this paper, the goal is to develop a superior error-tolerant assignment method for automated peak-picking
results. Therefore, IPASS is not developed with manually picked or synthesized peaks in mind. Thus, the proposed
assignment algorithm should be appropriate for low quality input. Most of the previously designed assignment
methods are designed to deal with high quality data sets. Therefore, none of these methods work well on the real
data set. Consequently, a novel Integer Linear Programming (ILP) based assignment method, which combines a
new spin system forming, an improved probabilistic spin system typing, and a novel connectivity extraction method
is proposed.

2 Methods

2.1 Problem Formulation

Given an amino acid sequence of a protein with n residues as r1r2 . . .rn, define R = {r1,r2, . . . ,rn}. Spin systems
are given as S = {s1, . . . ,sm}, where sj is a vector of the chemical shifts. Then, the assignment problem is finding
the correct mapping between spin systems and residues, expressed as f : S→ R. Due to the imperfect NMR spectra,
peak picking, and spin systems forming, the number of spin systems can be smaller, larger, or equal to the number
of residues and some spin systems. However, some spin systems might not be assigned. Each spin system contains
N, HN, Cα and Cβ chemical shifts such that

sj = (Nj,HN
j ,Cα

j ,Cβ

j , C̃α
j , C̃β

j ). (1)

If sj is mapped to residue i, then C̃ denotes Carbon chemical shifts of residue i−1, the preceding residue.

2.2 The General Strategy

The big picture of IPASS can be summarized as follows:
Forming Spin Systems: This is a pre-processing step for resonance assignment. A new graph-based method is
developed to group chemical shifts from the peaks of different spectra into spin systems. The input to spin system-
forming module is the peak lists of 15N-HSQC, HNCA, CBCA(CO)NH, and HNCACB spectra, and the output is
a set of spin systems.
Typing Spin Systems: Estimating the potential amino acids, which can generate the observed chemical shifts
in a spin system, is called typing. Different amino acids exhibit different chemical shift statistics. Spin systems
are typed in a probabilistic framework by using the collected statistics. The set of possible spin systems for each



residue is determined by combining the typing information with the secondary structure information, provided
by PSIPRED [13]. The input to the typing module is the amino acid sequence, spin systems, and the secondary
structure prediction. The output is a set of potential spin systems and their probabilities, associated with each
residue.

Connectivity Information Extraction: Two spin systems are connected if they can be mapped to two consecutive
residues. The connections are detected by inter-residue and intra-residue information. Chemical shifts within spin
systems are noisy, such that a low threshold results in many undetected true connections. However, a large threshold
results in many false connections, making the ILP problem intractable. In IPASS, two sets of connections are
defined: a set of highly reliable connections based on the the Cα and Cβ chemical shifts and the information
extracted from the 15N-edited NOESY peaks. Furthermore, a set of less-reliable connections are detected by a
larger threshold. By using reliable connections, a set of fragments is determined and the combinations of them are
enumerated. Fixing the fragments eliminates many false connections and makes the ILP problem feasible.

Integer Linear Programming: At this step, there are some spin system candidates, and their probabilities for
each residue. Then, the assignment is formulated as an ILP problem to find the globally optimal assignment. The
ILP is solved for all combinations of the fragments, and the one with the best score is picked as the final assignment.

2.3 Forming Spin Systems

The goal in this step is to group the chemical shifts that are determined from the different NMR spectra into spin
systems. Each spin system corresponds to nuclei within a small vicinity, usually associated with a residue of the
target protein. During the spin system forming process, the chemical shifts are grouped in relation to their local
environment and are not assigned to a certain residue in the protein sequence. Here, spin systems are viewed as the
building blocks of the backbone assignment process.

The NMR spectra used here are 2D 15N-HSQC and triple resonance experiments CBCA(CO)NH, HNCA, and
HNCACB. For the two consecutive residues as illustrated in Figure 1, these experiments provide the following
information.

– The 15N-HSQC experiment detects the HN and N chemical shift pair, i.e. a peak at (Ni,HN
i ) for residue i and

is referred to as the “root pair”. It is noteworthy that 15N-HSQC has the highest resolution and sensitivity.
– The HNCACB experiment detects HN, N, Cα , and Cβ chemical shifts. In the ideal case, it generates four peaks

for each residue: (Ni,Cα
i ,HN

i ), (Ni,C
β

i ,HN
i ), (Ni,Cα

i−1,H
N
i ), and (Ni,C

β

i−1,H
N
i ). Two peaks are associated with

Cα and Cβ of residue i, and two with those of i-1. The sign of the intensity values can be used to differentiate
between Cα s and Cβ s, because they exhibit opposite signs.

– The CBCA(CO)NH experiment detects HN, N, Cα , and Cβ chemical shifts. In the ideal case, two peaks are
generated for each residue: (Ni,Cα

i−1,H
N
i ) and (Ni,C

β

i−1,H
N
i ).

– The HNCA experiment detects HN, N, Cα chemical shifts. Ideally, it generates two peaks for each residue:
(Ni,Cα

i ,HN
i ) and (Ni,Cα

i−1,H
N
i ).

The problem of finding spin systems is modeled as a graph theoretical problem. A solution, based on a simple
clustering method is provided, by using the connected components of the graph. Ideally, the chemical shifts should
be the same for each atom in the NMR spectra. In practice, a perfect peak set is not available due to experimental
errors, artifacts, biases, and the resolution differences. Typically, a tolerance as high as 0.5 ppm is expected to
exist in the 15N and 13C chemical shifts, and a tolerance as high as 0.05 ppm in the 1H chemical shifts. Therefore,
an exact match algorithm is not possible for comparing the different experimental NMR data. To overcome this
problem, each peak is represented as a point, a node in the graph, in the multidimensional space, where each
dimension corresponds to a certain type of nuclei such as 15N, 1H, or 13C. Initially, the 15N-HSQC, CBCA(CO)NH,
HNCA and HNCACB peaks are represented in the atom space. Conceptually, the peaks that belong to the same
residue should coincide at the same HN and N position. In reality, they usually do not coincide, but are clustered
nearby.

First, the peaks within each 3D spectrum are connected according to their N and HN chemical shifts. Each
spectrum provides multiple peaks for the same residue, and these peaks should be in the small vicinity of each
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Fig. 1. Abridged diagram of atoms of two consecutive residues (note that all the side chain atoms are not shown).

other. The peaks that have similar root pairs are grouped by using an Euclidian distance function. Given two peaks
with root pairs Px = (Nx,HN

x ) and Py = (Ny,HN
y ), the distance between them is defined as

dPx,Py =
√

(Nx−Ny)2 +ω2(HN
x −HN

y )2, (2)

where ω is the scaling factor for the compensation of the difference in the resolution between 1H and 15N. Usually,
1H chemical shifts are 10 times more sensitive than the 15N chemical shifts, and so the default value of ω is 10.
According to the distance defined in equation (2), each peak, P, in a given spectrum is associated with its nearest
neighbor, PNN. An edge is created between P, and all the peaks that are closer to P than 2× dP,PNN . The edges
between the peaks are directional, and the source is the reference peak, P. The peaks which are connected to each
other represent the peaks from the same root pair.

The second step of generating a peak graph is to connect the peaks from different spectra. For example, the
distance between Px = (Nx,Cx,HN

x ) in CBCA(CO)NH spectrum and Qy = (Ny,Cy,HN
y ) in HNCA is defined as

DPx,Qy =
√

(Nx−Ny)2 +(Cx−Cy)2 +ω2(HN
x −HN

y )2 (3)

Similar to the aforementioned process, the edges can be created between P and its close vicinity peaks in other
spectra, which are closer to P than 2×DP,PNN . All of the created edges are directional. If there are two edges in
both directions between two nodes, two edges are replaced by a non-directional edge.

After these two steps, each connected component represents a cluster that corresponds to a spin system in the
resulting general peak graph. The primary advantage of this approach is its generalization. It can be applied to any
set of available NMR spectra. After the connected components are found, each cluster contains similar HN and N
values such that these values are taken from the 15N-HSQC spectrum. The important challenge is to detect Cα , Cβ ,
C̃α , and C̃β . The clusters are incomplete as a result of the missing peaks, and over-crowded as a result of the very
similar spin systems.

A brute force approach that searches all the possible combinations of the chemical shift values for different Cα

and Cβ nuclei in each cluster is chosen. If a unique combination of the chemical shifts exists and does not conflict
with the peaks in the cluster, a spin system is generated. After Cα and Cβ are identified, C̃α , C̃β can be easily
identified.

2.4 Typing Spin Systems

After the spin systems are formed, the next step is to type spin systems. Initially, any of the m spin systems can
be mapped to any of the n residues. The objective of this step is to reduce the number of candidate spin systems
for each residue, based on the chemical shift information. A statical analysis of the deposited chemical shifts in



the BMRB database reveals correlation among the chemical shifts, and amino acid type, and secondary structure.
These statistics are used to find the probability that one spin system is mapped to a certain residue.
Collecting Statistics
All the BMRB entries with a matched PDB entry were downloaded as of December 15, 2008. Then, 1168 protein
sequences were clustered by using CD-HIT [14] with a 40% sequence identity level. From each cluster, only the
longest sequence was retained, resulting in a data set of 805 non-redundant proteins. DSSP [15] was selected to
compute the secondary structure types for all the residues. From 88,436 collected residues, for Gly (which does not
have a Cβ chemical shift) 6,577 Cα chemical shifts, and for all the other amino acids, 68,028 Cα and Cβ chemical
shift pairs were extracted. The mean and covariance matrices were estimated for each amino acid and secondary
structure type.

Probabilistic Typing
In this section, the task is to compute the probability that spin system sj can be mapped to residue ri or Pr{ri |sj} for
the n residues and m spin systems. Two vectors are defined for spin system sj: cj = (Cα

j ,Cβ

j )T and c̃j = (C̃α
j , C̃β

j )T .
They contain the chemical shift information about the residue which sj is mapped to, ri, and its preceding residue,
ri−1, respectively. Furthermore, since the N and HN chemical shifts exhibit similar statistics for all amino acids, N
and HN are discarded, and only cj and c̃j from each spin system are considered. Therefore, Pr{ri |sj}, the probability
that cj and c̃j are mapped to ri and ri−1, respectively, can be written as in equation (4). If it is assumed that cj and
c̃j are independent, equation (4) can be simplified to (5). By using the Bayes’ rule, equation (5) is rewritten as (6)
where ap,aq ∈ A, and A is the set of twenty amino acids.

Pr{ri | sj}= Pr{ri = ap,ri−1 = aq | cj, c̃j} (4)
= Pr{ri = ap | cj}×Pr{ri−1 = aq | c̃j} (5)

=
Pr{cj | ri = ap}Pr{ri = ap}

Pr{cj}
× (6)

Pr{c̃j | ri−1 = aq}Pr{ri−1 = aq}
Pr{c̃j}

In equation (6), Pr{ri = ap} only depends on ap and not the position i. Therefore, it can be easily estimated by
the proportional abundance of amino acid ap. In addition, by using the total probability law,

Pr{cj}= ∑
a`∈A,a` 6=Pro

Pr{cj | ri = a`}Pr{ri = a`} (7)

Pr{c̃j}= ∑
a`∈A

Pr{c̃j | ri−1 = a`}Pr{ri−1 = a`}

It should be noted that in Pro, 15N and 1H do not resonate and no spin system is mapped to it. In other words,
Pr{cj | ri = Pro}= 0. Furthermore, the chemical shifts depend on both the amino acid and the secondary structure
type. To incorporate the secondary structure information, the total probability law is used again and Pr {cj | ri} is
reformulated as

Pr{cj | ri = a`}=
3

∑
k=1

Pr{cj | ri = a`,γi = σk} Pr{γi = σk}, (8)

where γi denotes the secondary structure of ri. For k = 1,2, and 3, σk denotes random coil, β -strand, and α-helix,
respectively. PSIPRED is used to estimate Pr{γi = σk} values [13].

It is assumed that Pr {cj|ri, γi} exhibits a joint Gaussian distribution due to the observed strong correlation
between the Cα and Cβ chemical shifts. By using the estimated covariance matrices (Σ`,k) and mean vectors (µ`,k),

Pr{cj | ri = a`, γi = σk}= (9)

1
2π|Σ`,k|1/2 exp

(
−1

2
(cj−µ`,k)T

Σ
−1
`,k (cj−µ`,k)

)
Therefore, when one of 13C chemical shifts is missing, the one-dimensional version of Gaussian distribution is
used. By substituting equation (9) in (8), Pr{cj | ri = a`} is computed. After computing Pr{cj}, the mappings that



are very unlikely are discarded. Therefore, if the condition in equation (10) holds for a`, Pr {cj | ri = a`} is set to
zero.

Pr{cj | ri = a`}Pr{ri = a`}
Pr{cj}

< ε ⇒ Pr{cj | ri = a`}= 0 (10)

The omission threshold ε is chosen as 0.001 like the similar approaches in the literature [16]. This helps to
reduce the number of candidate spin systems for each residue.

After this step, the Pr{ri | sj} values for i = 1, . . . ,n and j = 1, . . . ,m are established. The next step is to find the
connections among spin systems.

2.5 Connectivity Information Extraction

The connectivity information is extracted from the Cα and Cβ chemical shifts, as well as the 15N-edited NOESY
peaks information. Unlike previous studies, in this paper two sets of connections, reliable and loose, are defined.
Although the spin system typing step can significantly reduce the number of candidate spin systems for each
residue, this number is still large. Therefore, some highly reliable fragments are assigned and fixed. When spin
system sj is fixed on reside ri, sj should be removed from all other candidate sets, because the assignment is a one
to one mapping. From another point of view, this step can be interpreted as performing a local optimization to
make the global optimization feasible. If sj and sk satisfy two of the three following conditions, they are reliably
connected

1. |Cα
j − C̃α

k | ≤ δα

2. |Cβ

j − C̃β

k | ≤ δβ

3. (Nj,HN
k ,HN

j ) and (Nk,HN
j ,HN

k ) peaks exist in the 15N-edited NOESY spectrum

Since these connections are crucial, δα = δβ = 0.05 ppm, are chosen and are one tenth of the maximum
acceptable tolerance. If two spin systems are assigned to two adjacent residues on the target protein sequence,
their hydrogen atoms of amide groups should be close in 3D space, providing a peak in the 15N-edited NOESY
spectrum.

For the loose connections, we set δα = δβ = 0.5. sj and sk are loosely connected if they can satisfy condition
one or two without violating the other one. Due to the nature of the 15N-edited NOESY peaks, condition three,
alone, is not enough, because, for example HN

j can be from a residue that is far from residue k in the sequence, but
but close in the space.

Enumerating reliable fragments
In this step, it is assumed that p fragments, F1, . . . ,Fp, are found, with lengths’ l1, . . . , lp, respectively. Each fragment
is shown as Fq = (se1 ,se2 , . . . ,selq

), where se j is connected to se j+1 for j = 1, . . . , lq− 1. Fragments shorter than
three spin systems, or fragments that are the substrings of other fragments are discarded. For fragment Fq, a score
is defined for the i-th position in the target sequence such that

T (q)
i =−

lq

∑
k=1

log
(
1−Pr{ri+k−1 | sek}

)
, 1≤ i≤ n− lq +1. (11)

It can be seen that T (q)
i ∈ [0,∞). If T (q)

i = 0, Fq cannot be mapped to position i. If T (q)
i > lqε , then i is added to

the set of possible mappings of Fq, and this set is shown as Mq. It should be noted that here the log(1− ε) ≈ −ε

approximation is used. If Mq is empty, Fq is discarded. After all the possible mappings are found, all combinations
are enumerated. In each combination, no two fragments should be in conflict, i.e., they should not share any
spin systems, and their mapped positions in the sequence should not overlap. Then, all the fragments within the
combination are fixed. For example, if Fq’s mapping starts from the i-th position, then

Pr{r` | sek}=
{

1 if i≤ ` < i+ lq
0 otherwise (12)

In other words, sek is assigned to r` and removed from the candidate set of the other residues. The number of
combinations is limited to 20000. In the experiments in this paper, no more than 200 combinations are discovered,



because a strict threshold is used for finding the reliable fragments. If the number of combinations exceeds the
upper bound, the fragments of length four are discarded and so on. This process is continued until the number of
combinations becomes fewer than the predefined upper bound. After ILP is solved for each combination, the one
with the highest score is chosen as the final assignment.

2.6 IPASS: Integer Linear Programming-based Assignment

Originally, all the m spin systems can be mapped to any residue ri. However, in spin system typing and the fragment
fixing step, many Pr{ri | sj} values are set to zero.

Then, the backbone resonance assignment problem can be represented by a graph G(V,E). Here, each node in
V corresponds to a spin system, and the edges in E represent the connections in the spin systems. Notice that a spin
system can be mapped to multiple locations with different probabilities, and multiple copies of the spin systems,
which are differentiated according to their mapped location, exist. If Pr{ri | sj} 6= 0, then vi, j ∈ V , and variable vi, j
is created in the ILP. Furthermore, if vi, j,vi+1,k ∈ V and sj is connected to sk, then ei, j,k ∈ E, and variable ei, j,k is
created in the ILP. Figure 2 illustrates the setup of the assignment problem. The two defined sets of variables are

– vi, j: it is 1 if and only if sj is assigned to ri and 0 otherwise.
– ei, j,k: it is 1 if and only if sj is assigned to ri and sk is assigned to ri+1, and 0 otherwise.

r1 r2 r3 ri−1 ri ri+1 rn−1 rn

s1

s2

sj−1

sj

sj+1

sm−1

sm

v1,2

v1, j−1

v1,m

v2,1

v2, j+1

v2,m−1

v3, j

v3, j−1

e1,2,1

e1, j−1,m−1

e1,m,m−1

e2, j+1, j

e2,1, j−1

vi−1, j

vi, j−1

vi+1, j+1

ei−1, j, j−1

ei, j−1, j+1

vn−1,1

vn−1, j+1

vn,2

vn, j−1

vn,m

en−1,1,2

en−1, j+1, j−1

en−1, j+1,m

Fig. 2. Illustration of the problem setup of the assignment problem. There is a node vi, j (shown by the gray circles), correspond-
ing to ri and sj, only if Pr{ri | sj} 6= 0.

For each edge, a corresponding weight is defined as

wi, j,k = log
(
Pr{ri; ri+1 | sj, sk}

)
= log

(
Pr{ri | sj}

)
+ log(Pr{ri+1 | sk}) , (13)



where{ri | sj} and {ri+1 | sk} are assumed independent. wi, j,k corresponds to the probability of mapping two spin
systems to two adjacent residues. Now, the task is to find the assignment which maximizes the total weight of the
chosen edges. Inherently, each spin system can be assigned to, at most, one residue in the protein sequence. For
each residue, there can be, at most, one spin system assigned. After the backbone assignment problem, which is an
NP-hard problem (see Theorem 1), is formulated, the ILP formulation is

max
ei, j,k

∑
ei, j,k∈E

(
wi, j,k +λ

)
ei, j,k, (14)

subj. to ∀ei, j,k ∈ E ei, j,k ≤ vi, j; ei, j,k ≤ vi+1,k, (15)
∀i ∈ {1, . . . ,n}, ∑

m
j=1 vi, j ≤ 1, (16)

∀ j ∈ {1, . . . ,m}, ∑
n
i=1 vi, j ≤ 1, (17)

and vi, j ∈ {0,1}, ei, j,k ∈ {0,1}. (18)

Since the logarithm values are negative, the objective function adjusts all the edge weights to positive values by
adding the λ =−mini, j,k(wi, j,k) term. Then, the maximization is meaningful. Constraint (15) ensures that an edge
can be selected, only if both of its ends are selected. Constraint (16) ensures that a spin system can be assigned to,
at most, one residue, and constraint (17) ensures that a residue can be assigned to, at most, one spin system.

As the result of the fragment fixing step, the size of the problem, i.e., |V |+ |E| plus number of constraints, is
substantially reduced, which makes the ILP problem tractable. CPLEX is used for solving the aforementioned ILP.
For each enumerated combination, an ILP is generated and the solution is attained. The total cost function of the
assignment represents the score of that configuration. The assignment with the highest score is reported as the final
assignment.

In the end, the NP-hardness of the backbone resonance assignment problem is proven.

Theorem 1. Backbone resonance assignment problem, under the proposed graphical representation is NP-hard.

proof. The NP-hardness of the backbone resonance assignment problem is established under the graph representa-
tion through a reduction from the Hamiltonian path problem which is known to be NP-hard. The Hamiltonian path
problem is defined as follows: Given a graph, G(V,E), decide whether there exists a path in G(V,E) that visits each
vertex exactly once. For an instance of the Hamiltonian path problem, a new graph G′(V ′,E ′), which is a product
of the {1,2, ...,n}×G, where n = |V | is constructed. Thus the new graph, G′(V ′,E ′), has nodes of (i,v), where
v ∈V and 1≤ i≤ n, and edges between (i,v) and ( j,w). This occurs if an edge between v and w exists in G. Here,
the edge weights are defined as 1 for all edges in G′.

G has a hamiltonian path, if and only if there exists a perfect assignment for the backbone resonance assignment
problem. For each i, the vertices are connected to their adjacent vertices in the graph with the weight 1. A perfect
backbone resonance assignment corresponds to a mapping, where each spin system is used once, and each residue
is assigned to a single spin system with a total cost of n− 1. Each spin system corresponds to a vertex in G
and the residues correspond to the {1,2, ...,n} set. As a result, the perfect assignment visits each vertex once
which corresponds to a Hamiltonian path. Similarly, if there is a Hamiltonian path visiting vertices v1,v2, ...,vn, it
corresponds to an assignment between vi and residue i. Consequently, this problem is NP-hard. ut

3 Experimental Results

To evaluate the performance of the proposed method, several experiments are conducted. Two performance mea-
sures are used in the following parts: precision and recall. Precision measures the ability to reject false assign-
ments, whereas recall measures the ability to discover true assignments. Assume that for the target protein, there
are Nr manually assigned residues, and a resonance assignment program assigns No residues, where Tp of them are
assigned correctly. Then, recall (RCL) and precision (PRC) are defined as TP/Nr and TP/No, respectively.

Performance on Real NMR Lab Data Sets
In practice, the input for resonance assignment is not “perfect”. Instead, the input peak lists contain various sources
of error, such as the chemical shift differences of the same nucleus in different spectra and false peaks, picked



during the peak picking step. Therefore, an assignment method is practical only if it works on “low quality” real
noisy input data sets.

In the NMR lab experiments, the spectroscopists usually conduct the whole NMR process altogether, i.e., the
resonance assignment, NOE assignment, structure calculation information, as well as information from the various
kinds of other spectra, which are used as feedback to refine the peak lists. Thus, the final peak lists provided by
NMR labs are always “almost perfect”, and do not represent the original peaks picked by spectroscopists. Recently,
an automated peak picking method, PICKY [17], has been developed, which can automatically pick peaks from
any NMR spectrum. PICKY is tested on 19 noisy spectra, provided by the collaborators. The average lower bound
of RCL and PRC are 81% and 87%, respectively. The detailed performance measures of PICKY are listed in Table
1. Compared to the refined peak lists after the whole structure determination process, the peak lists, generated by
PICKY, are closer to the original peaks picked by spectroscopists. As a result, the peak lists generated by PICKY
are used to evaluate the performance of IPASS on real data sets.

Table 2 summarizes the performance of RIBRA, MARS, and IPASS for three real data sets. Specifically, protein
TM1112 from Thermotoga maritima is provided by the Arrowsmith Lab at the University of Toronto [18] whereas
CASKIN, the SH3 domain of the CASKIN neuronal signaling protein, and VRAR, S. Aureus VraR DNA binding
domain [19], are provided by the Donaldson Lab at York University.

Since MARS cannot use the peak lists, it takes IPASS spin systems as the input. The performance of MARS and
IPASS are compared on the same set of spin systems. RIBRA takes the peak lists of 15N-HSQC, CBCA(CO)NH,
and HNCACB as the input, so the performance of RIBRA and IPASS are compared on the same peak lists. Table
2 clearly shows that IPASS performs significantly better than RIBRA and MARS on all of the three real data sets.
One thing to notice is that when the input peak list quality is as good as TM1112, IPASS can generate assignments,
which are almost as good as the manual assignment. In Table 2, the number of Gly and Pro residues are shown.
The Pro residues cut the fragments and make the assignment more challenging. The Gly residues are favorable in a
way that can be typed very easily due to their distinct Cα values. However, The Gly residues shorten the fragments,
because they do not have any Cβ chemical shifts, and hence, no reliable connections.

Table 1. Performance of PICKY on TM1112, CASKIN, COILIN, and VRAR.

Protein Length 15N-HSQC HNCA CBCA(CO)NH HNCACB Average

TM1112 89 96 / 89 93 / 88 98 / 88 91 / 83 95 / 87
CASKIN 67 100 / 93 - 91 / 68 70 / 75 87 / 77
VRAR 72 87 / 93 - 83 / 71 69 / 72 80 / 79

TM1112 is provided by the Arrowsmith lab, while CASKIN, and VRAR are provided by the Donaldson lab. The first and
second columns show the target protein names and lengths, respectively. Starting from the third column, for each spectrum of
each protein, the recall/precision values are listed in the table in percentile.

Performance on Other Data Sets
Although the goal is to develop a backbone resonance assignment method which works on realistic data sets
of automatically picked peak lists, comparison between IPASS and other programs is provided by using some
previously used benchmark data.

Simulated Spin Systems as Input: First, the IPASS performance is evaluated on a simulated data set, used by
[7], which contains 12 proteins. For each protein, the spin systems are simulated, based on the BMRB deposited
chemical shift assignments of proteins, and used as the input for all of these programs. Each spin system contains
N, HN, Cα , Cβ , C̃α , and C̃β chemical shifts. Since RANDOM and CISA are not available, the PRC and RCL values
are selected from [7]. The accuracy of RANDOM, MARS, and CISA is calculated according to two different sets of
threshold values, because these programs are sensitive to different threshold values. Note that in these experiments,
the input for IPASS is simulated spin systems, so the spin system forming step is not tested here. Furthermore, it
should be noted that AUTOASSIGN was not available at the time to be included in our experiments.



Table 2. Performance (PRC/RCL1) of RIBRA, MARS, and IPASS on target proteins TM1112, CASKIN, and VRAR.

Protein Length Manually Assigned Spin Systems Gly/Pro Cβ RIBRA2 MARS3 MARS4 IPASS

TM1112 89 83 81 / 85 4 / 5 78 40 / 54 6 / 45 55 / 63 71 / 73
CASKIN 67 54 47 / 48 7 / 4 42 12 / 21 23 / 25 23 / 25 31 / 41
VRAR 72 60 47 / 47 1 / 0 41 4 / 13 6 / 17 6 / 17 34 / 42

The first and second column show the target protein name and length, respectively. The third column shows the number of
manually assigned residues by the Arrowsmith and the Donaldson labs, which is considered the upper bound for an automated
method. The Fourth column shows the number of correct/total spin systems discovered by the spin system forming module.
The Fifth column denotes the number of Pro/Gly in the sequence and the sixth column denotes number of available Cβ values
in the spin systems. Starting from the seventh column, for each protein, the performance of each method is shown in “number
of correctly assigned residues/total number of assigned residues” format.
1 PRC and RCL stand for precision and recall, respectively.
2 RIBRA’s performance with 15N, 13C threshold values of 0.5 and 1H threshold value of 0.05. No residue can be assigned if
the default values are used. The parameters are set according to IPASS, which makes the comparison fair.
3 MARS with the first set of default parameters: δα = 0.5ppm and δβ = 0.5ppm.
4 MARS with the second set of default parameters: δα = 0.2ppm and δβ = 0.4ppm.

As it is shown in Table 3, IPASS performs very well and significantly better than any other program regardless
of the set of threshold settings. The average PRC of IPASS is 99%, and IPASS achieves a 100% PRC on seven out
of 12 target proteins. Meanwhile, IPASS can also achieve a high RCL value of 96%. It is noteworthy that MARS
performs well on this data set. However, MARS has a relatively low RCL value, compared to that of IPASS. On the
other hand, Table 3 demonstrates that RANDOM, MARS, or CISA are sensitive to the threshold settings. For this
simulated data set, in which all actually the connected spin systems should yield perfect connectivity information, a
smaller threshold value can give a much better accuracy. However, in practice, researchers do not know the quality
of the spin systems. The potential difference in the chemical shift of the same nuclei in different spectra renders
the selection of the proper threshold values challenging. In contrast, IPASS does not rely on any parameter settings
and its parameters are chosen without using any special data set.

Simulated Peak Lists as Input: The IPASS performance is tested on the same data set, but with simulated peak lists.
All the four steps of IPASS are tested in these experiments. However, the CISA paper [7] does not provide such
a comparison on RANDOM, MARS, and CISA. Furthermore, RANDOM and CISA are not available. As a result,
IPASS is compared with two available programs: MARS and RIBRA. MARS takes only formed spin systems as
the input and RIBRA takes the peak lists as the input. RIBRA is used directly, and IPASS’s spin system forming
method is applied to form spin systems for MARS.

Table 4 shows that both MARS and IPASS perform well on the simulated peak lists, and are better than RIBRA.
MARS achieves higher PRC and lower RCL values than IPASS.

4 Discussion

The new method, IPASS, outperforms other assignment methods on automatically picked peaks, and performs
better or as well as others on simulated data sets. There is still one last question to answer: even if IPASS works
better than other methods, is the accuracy enough for the ultimate goal, i.e., automatically determining the high
resolution structures of proteins? IPASS and PICKY are combined with other available programs to calculate the
structures of the aforementioned target proteins. First, PICKY is applied to 15N-HSQC, HNCA, CBCA(CO)NH,
and HNCACB spectra (see Table 1 for performance). Then, IPASS is used to conduct the backbone resonance
assignment. The assignment of IPASS is then fed into SPARTA for fragment generation [20]. SPARTA takes protein
sequence and resonance assignment as input, and selects 3-mer and 9-mer fragments, based on the backbone
chemical shifts. Then, FALCON [21] is used for the structure calculation, based on the fragments selected by
SPARTA. FALCON generates structural decoys by fragment Hidden Markov Model (HMM). To fairly evaluate



Table 3. Accuracy (PRC/RCL) of RANDOM, MARS, CISA, and IPASS for 12 protein data set (simulated spin systems) in
percentile1.

δα = 0.2ppm, δβ = 0.4ppm δα = 0.4ppm, δβ = 0.8ppm

Protein ID Length Assignable2 RANDOM MARS CISA RANDOM MARS CISA IPASS

bmr4391 66 59 67 / 63 100 / 76 97 / 97 58 / 55 100 / 75 91 / 91 93 / 90
bmr4752 68 66 40 / 35 100 / 97 96 / 94 36 / 30 100 / 97 90 / 88 100 / 94
bmr4144 78 68 36 / 33 100 / 91 100 / 99 33 / 31 100 / 69 100 / 99 98 / 85
bmr4579 86 83 54 / 51 99 / 98 98 / 98 34 / 32 96 / 90 80 / 80 100 / 98
bmr4316 89 85 42 / 36 100 / 100 100 / 99 35 / 30 99 / 91 83 / 83 99 / 98
bmr4288 105 94 62 / 55 100 / 99 98 / 98 42 / 38 98 / 97 91 / 91 100 / 98
bmr4929 114 110 68 / 63 100 / 100 93 / 91 46 / 43 100 / 99 96 / 94 100 / 100
bmr4302 115 107 66 / 64 100 / 100 96 / 95 47 / 45 100 / 100 91 / 91 100 / 99
bmr4670 120 102 67 / 62 100 / 100 96 / 95 43 / 39 100 / 100 88 / 87 98 / 97
bmr4353 126 98 48 / 43 95 / 55 96 / 95 47 / 43 95 / 55 90 / 90 99 / 93
bmr4027 158 148 43 / 32 100 / 99 100 / 99 40 / 30 100 / 99 88 / 85 100 / 97
bmr4318 215 191 40 / 38 99 / 99 87 / 84 25 / 22 100 / 95 74 / 70 100 / 98

Average 112 101 53 / 48 99 / 93 96 / 95 41 / 37 99 / 89 88 / 87 99 / 96

1 These 12 proteins are selected by CISA paper [7]. The spin systems are simulated based on BMRB deposited chemical shift
assignment of these proteins and used as input for all of these programs. Since RANDOM and CISA are not available, here we
have used precision and recall values from [7]. The accuracy of RANDOM, MARS, and CISA is calculated based on two sets
of thresholds.
2 This indicates number of residues that are manually assigned in the BMRB file.

Table 4. Accuracy (PRC/RCL) of RIBRA, MARS, and IPASS on 12 protein data set (simulated peak lists) in percentile1.

Protein ID Length Assignable Spin systems2 Gly/Pro RIBRA3 MARS4 MARS5 IPASS

bmr4391 66 59 55 6/1 91 / 76 93 / 43 94 / 46 91 / 85
bmr4752 68 66 65 6/1 91 / 90 100 / 94 100 / 94 100 / 92
bmr4144 78 68 63 3/5 62 / 45 100 / 58 100 / 41 98 / 85
bmr4579 86 83 80 5/2 87 / 67 99 / 87 99 / 83 100 / 94
bmr4316 89 85 80 13/3 99 / 88 99 / 83 99 / 73 88 / 79
bmr4288 105 94 93 5/10 100 / 97 99 / 95 100 / 97 99 / 97
bmr4929 114 110 108 10/2 82 / 78 100 / 83 99 / 68 99 / 98
bmr4302 115 107 107 5/2 100 / 92 100 / 96 99 / 97 96 / 95
bmr4670 120 102 92 9/5 98 / 86 99 / 87 100 / 87 93 / 79
bmr4353 126 98 97 8/10 98 / 93 99 / 90 100 / 91 97 / 90
bmr4027 158 148 146 11/8 90 / 82 99 / 94 99 / 92 97 / 94
bmr4318 215 191 188 9/12 74 / 63 99 / 93 99 / 86 98 / 90

Average 112 101 98 5/8 89 / 80 99 / 84 99 / 80 96 / 90

1 These 12 proteins are selected by CISA paper [7]. The peak lists are simulated based on BMRB deposited chemical shift
assignment of these proteins. RIBRA directly accepts peak list whereas IPASS spin system forming module was used to
generate spin systems for MARS and IPASS.

2 This indicates number of correct spin systems discovered by the proposed spin system forming module.
3 RIBRA’s performance with 15N and 13C threshold values of 0.5 and 1H threshold value of 0.05. Those parameters are set
according to IPASS for the sake of fair comparison.
4 MARS with the first set of default parameters δα = 0.2ppm, and δβ = 0.4ppm.
5 MARS with the second set of default parameters, δα = 0.5ppm, and δβ = 0.5ppm which is the same as IPASS.



the performance, the homologs of target proteins are removed from the FALCON database. This process results in
high resolution final structures for TM1112, CASKIN, and VRAR, i.e., for these proteins, backbone RMSD to the
native structure is below 1.6 Å. More comprehensive experiments are underway.

IPASS is implemented in C++. It takes IPASS fewer than 5 minutes to achieve its results for a practical noisy
data set of a medium size protein (100-150 residues in length). In addition, the whole process requires only five
seconds for a simulated data set. The difference in speed stems from the fact that for the simulated data set, most of
the fragments are fixed. Consequently, ILP problem size is very small. The next step is to incorporate more NMR
spectra in the assignment process and make the method iterative.
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